


mTQü�/�MQ TQKQ+Q BM/2ti- /Qbi�M2K2 i�FiQX o2xK2K2 FQMF�i2M�+B #BM�`MQ+? `2T`2@
x2Mi�+Q ÍQb2H x0 �� xn b iQK- �2 D2/MQiHBp� ÍQH� Q//ÿHQK2 Í�`F�KB UÍQbH� FQMF�i2MmD2K2
TQKQ+Q M��2?Q mbTQü�/�MQVX owbH2/F2K #m/2 ü2iÿx2+ MmH- Í�`2F � D2/MBÍ2FX o2xKÿK2
`2p2`xB iQ?QiQ ü2iÿx+2 � T`Qpÿ/öK2 bBKmHi�HMQ bm#biBim+B Ry x� y- RR x� R � yy X ow@
bH2/2F Ki�2K2 Tü2ÍQbi- D�FQ #BM�`MQ ÍQbHQX hQiQ ÍQbHQ T`Q?H��K2 x� :º/2HQpQ ÍQbHQ T`Q
TQbHQmTMQbi < x0, . . . , xn >X ÌQbHQ y TQp��mDK2 x� T`�x/MQm TQbHQmTMQbi UxM�ÍK2
<>VX

h?2Q`2K eXkX 9Xk 7→ 9XR

.iF�xX

Ç x′ = x, y UF/2 b2 D2/M� Q y p MmHiûK F`QFm `2Fm`x2V

Ç y′ = y Up MmHiûK F`QFm `2Fm`x2V

Ç g′(x, y) = g(i1
1
)

Ç h′(x, y, y′, f ′(x′, ⌊y′/2⌋)) =

.QF��K2 2FpBp�H2M+B M� MmHiû ?H�/BMÿ `2Fm`x2X h�iQ 2FpBp�H2M+2 D2 i`BpB�HMQ- px?H2/2K
F iQKm �2 #vH� xpQH2M� bi2DM� 7mMF+2 g � /Q MQ /Qb�x2M� bi2DM� KMQ�BM� xX

f ′(x′, 0) = τ ′(x′, 0) = g′(x′) = g′(x, y) = g(i1
1
) = g(x) = f(x, 0)

_�/ #v+? M2MQ T`Q#`�H D2/MQiHBpû `QpMQbiB p iûiQ 2FpBp�H2M+BX S`pMQ � /`m?� `QpMQbi
THvM2 x /2}MB+2 /ûHFQpû `2Fmx2X hü2iQ `QpMQbi THvM2 x iQ?Q- D�F DbK2 bB /2}MQp�HB
xX Ìip`i� `QpMQbi THvM2 x iQ?Q- D�F DbK2 bB M�bi�pBHB 7mMF+B g′X S�i� `QpMQbi THvM2
x /2}MB+2 T`QD2F+2 T`QKÿMw+?X �2bi� `QpMQbi T�F THvM2 x /2}MB+2 7mMF+2 x′X �2bi�
`QpMQbi THvM2 x /2}MB+2 /ûHFQpû `2Fm`x2X hQKiQ DbK2 /QF�x�HB #�xB BM/mF+2X

SüB Q/pQxQp�MQ #m/2K2 xM�ÍBi Q/pQxQp�Mû b+?ûK� � D2?Q T`QKÿMMû b �TQbi`Q7v- �#v
b2 KQ?HB p2 7mMF+Q+? pvxM�iX
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